Among other results it is proved that if (X,%μ) is a probability space, E a Hausdorff locally convex space such that (E f , σ(E\ E)) contains an increasing sequence of absolutely convex compact sets with dense union, and f: X-> E weakly measurable with f(X) c K> a weakly compact convex subset of E, then / is weakly equivalent to g:X->E with g{X) contained in a separable subset of K.
In [8] and [9] some remarkable results are obtained for the pointwise compact subsets of measurable real-valued functions and some interesting applications to strongly measurable Banach spacevalued functions are established. In this paper we continue those ideas a little further. We first give a somewhat different proof of ([9], Theorem 1) and then apply it to give a generalization of classical Phillip's theorem ( [5] ). Also some result about equicontinuous subsets of C(X), the space of all continuous real-valued functions on (X, τ p ) (τ p is the lifting topology, [10] , p. 59; in [8] this topology is denoted by T p ) are obtained.
All locally convex spaces are taken over reals and notations of [6] are used. For a topological space Y, C{Y) (resp. C b (Y)) will denote the set of all (resp. all bounded) real-valued continuous functions of Y. N will denote the set of natural numbers.
In this paper (X, 9ί, μ) is a complete probability measure space. Let £f be the set of all real-valued Sί-measurable functions on X, Jίf™, the essentially bounded elements of £f, and AT 00 , the bounded elements of &. We fix a lifting, [10] , p: £f°° -+ M°° and on X we always take the lifting topology τ p ([10] , p. 59). For fe^f,ge<£f,
. For a Hausdorff locally convex space E, a function /: X-* E is said to be weakly measurable if h<>f is Sί-measurable, Vfee£", the topological dual of E.
Two weakly measurable functions /,: X-^E, ί = 1, 2, are said to be weakly equivalent if hof λ = h<>f 2 , VheE'.
The space ^ and norms || -|| x and 1HU have the usual meanings. We shall call a topological space, countably compact if every sequence in it has a cluster point, and sequentially compact if every sequence has a convergent subsequence.
We start with a different proof of the following result of 
For any a e I, the directed net of all finite subsets of H, let h asup {|fe|: h ea}, and p a ~ p(φ°h a ). {p a } is a monotone bounded net in C h (X), which is boundedly complete. Let sup p a = P$ C b (X). This means there is an increasing sequence {a(n)} c / such that psup p aln) (this follows from the fact that
are trivial. Now we come to the proof of (iv) => (i). Take a sequence {f' n }czH. Since 1/(1 + q)H is relatively weakly compact in (£? u 11 | | x ) there exists a subsequence {/J of {f' n } and an / o e^ϊ such that 1/(1 + q)f n -> f 0 weakly. Thus there exists a sequence {g n } in the convex hull of {f n : 1 <> n < ^o} (note {g n }aH) such that 1/(1 + q)g n -^f 0 a.e. M (because a convergent sequence in (£? ίt || lU) has a subsequence converging a.e.
[μ]). Taking / to be a cluster point of {g n } in H, we get 1/(1 + q)f = f Q (μ). We claim f n -> / in Jϊ. If f n -+* f there exists an a; 6 X, an ε > 0, and a subsequence {/»} of {/J such that one of the two following conditions are satisfied:
weakly, proceeding as before we get a sequence {gZ} in the convex hull of {/«: 1 ^ ^ < °o} such that
If /" is a cluster point of foC'} in H we get /" Ξ /(j«) but because of (i) or (ii), /"(cc) ^ f(x), a contradiction. This proves that H is sequentially compact.
This result is also proved in [11] by a different method.
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By a classical theorem of Phillips [5] 
This is a contradiction since h o f <* sup h(K) implies p(h o f) ^ sup h(K). Evidently g = f(w).
Fix n e N. By Theorem 1, B n -{hog: h e A n ), with the topology of pointwise convergence on X, is a compact metric space. We metrize E by the seminorms p % , p n (x) = &xιp{\h(x)\:heA n }.
We denote this metric topology by J7^. For each n, E n = (C(BJ, || ||) is a separable Banach space (here || || is sup norm), and so F = Πϊ=i E n is a separable Frechet space. Let X Q be the quotient space obtained from X by the equivalent relation,
x ΞΞ y <=> g(x) = g{y). Each xeX 0 gives rise to xeC(B n ), x(t) -t{x)
for each teB n , for every n. Thus X o can be embedded in F, x Q -> (x Ot x Qf -) e F. Taking, on X Of the topology induced by F, we easily verify that g: X o -> (E, S"^) is continuous and so (g(X) f J?l) is separable. Let K o = the closed convex hull, in (E 9 ^~) 9 of a countable dense subset of (g(X), J^l)-If g(X) <£ K Qf by separation theorem, there exists an h e E' and x 0 e X such that h ° g(x 0 ) > sup h (K 0 Proof. In the notations of Theorem 2, B n = {hog: he AJ are compact and metrizable, with the topology of point wise convergence, and J^l is the metric topology, on E, of uniform convergence on A n . Proceeding exactly as in Theorem 2, we prove that g{X) is a separable subset of (E, J^l). Let F = (E, ^)' and E o = the closed separable subspace, in (E, ^~), generated by a countable dense subset of In the next theorem we do not assume H to be uniformly bounded ([8] , Theorem 4, p. 203). THEOREM 
Let H be a pointwise bounded subset of C(X). If H is equicontinuous then, with the topology of pointwise convergence on X, its closure in C(X) is compact and metrizable. Conversely if H is sequentially compact then there is a μ-null set A such that H is equicontinuous at each point of the open set X\A of (X, τ p ).
Proof. If H is equicontinuous then its pointwise closed convex hull H o , in R x , lies in C(X) and is compact and convex, and so the result follows from Theorem 1.
Conversely suppose H is sequentially compact. Then, by Theorem 1, H is compact and metrizable. By the generalized Egoroff's theorem ( [4] , p. 198) there exists a Sί-partition of X = UΓ=o-2Γ<, with μ(X 0 ) = 0 and μ(X t ) > 0, Vi ^ 1 such that H\ x . is compact in the topology of uniform convergence on X i9 Vi ^ 1. The Supporting Institutions listed above contribute to the cost of publication of this Journal, but they are not owners or publishers and have no responsibility for its content or policies.
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